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Abstract:

In this paper we study the algebras obtained by having
the deduction theorem on the sets of two elements, calling
them Q.H.-algebras.Adding to them the FREGE'S law, we obtain
a Hilbert algebra; adding to them the law (x.y).y = (y.x).x,
we obtain that thay form a variety; suposing the existence
of a least element to the taler , we obtain an ortolattice
wich gives a boolean algebra on an ortomedular lattice, accor-
ding to the nature of implication c¢lassical or strong -

Una Salgebra QUASI-HILBERTIANA[QH-3lgebralés una terna
{(S,.,u) ,on S # @ i . &s una operaci6 en S 1 UES ,

tal que,per tot x,y,z,t &€ S tenim

QH.1. X.X = u
QH.2. X.y = u 1y.x = u implica x = ¥;
QH. 3. u.X = X :
QH.4. ®{y.x)= u ;
QH.5. x-(y.2)= u implica =x.(y.tJ = u.
%.(y.(zt)} = u
Immediatament deduim gque x.u = u per tot xES.
S”estableix també facilment que '
i x.y =u 1y.x = uimplica x.y = U ;
ii) X.¥y = u implica (y.2z).(x.2) = u i {z.x}.(z.y)=u-
iii) ®.(X.y) = X.y 3
iv) x.{y.z) = u dimplica vy.(x.z) = u ;
v) x, L(x.¢).yl =u .
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Donada una QH-algebra considerem el sistema“ clausura associat
< ={TES : u&T i (x.y&T i x &TF) implica
veT}
i designem per C 1”operador consequencia associat.

Aleshores tenim:

TEOREMA 1.,

Una terna (5,.,u) &s una QH—ElgebPa si, 1
nemés si, exsiteix un cperador conseqiiencia
arbitrari en 5 tal que, per tot X&S i tot
st =3 , cardl) 1 1 tot %,y €S, satisfid:
A 1. M.P : x.ygC(X) implica y&C{X,x)
A 2. T.de la deduccid: ye&C{o,x) implica
x,yeCled) ‘
A 3. C{x) = C(y) implica x=y.

Aquest resultat generalitza la caracteritzacid de les
dlgebres de Hilbert ~ via T. de la deduccid de tipus 2
i les Algebres de tipus i-via T. de la deduccid de Li-
pus 0. [ V.verdd 1198011 .

TEOREMA 2.

En tota QH-algebra les condicions seglients sdn

equivalents:
H 1. (x.{y.2)]. Lix.y). (x.2)) = u;
H 2. ix.(y.2)1 . [y.(x.2)} = ug
H3. (x.y). [{y.2).(x.2)] = ug
H 4. ($,.,u) és una algebra de Hilbert.

o equivalentment, C satisfa Al1,A3 i
A2 amb ecard (ﬂf).-_é 2 -

Anomenem ara QH—Elgebra de Sales una QH—Elgebra tal que
(x.y).y = (y.x).x , per tot x.¥y&S

Hom constata facilment que xw¥y = (x.y).y = sup (x.y)

i per tant, tota QH-algebra de Sales és supra-reticle.
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Les QH:hlgebres de Sales constitueixen una VARIETAT; i.e:

sén equacionalment definibles.

Si les QH-3lgebres de Sales tenen minim 0 tindrem una ne-
gacid en (S,.,u30}
x' = x.0

Hom constata que

(5, A, w2Y)

&8s un orto-reticle.

Bn.aquest cas, si x.y - ¥'¥y , aleshores . 8s la
implicacié feble de 1l7ortoreticle {cf.cignoli [19771)

i per tant,(S, A, v,') &s una algebra de Boole.

Si x.y = x»ey aleshores [cf. of cit.} (S, A, Vv,") é&s
un reicle ortomodular.
1
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